In previous papers [2, 3] we developed a theory of * -endomorphic dilations of commuting pairs of CP 0 -semigroups that satisfied the additional condition of strong commutativity. However, no concrete examples of strongly commuting CP 0 -semigroups acting on a type I ∞ factor were given. In this note we show that quantized convolution semigroups (introduced by Markiewicz) provide a rich class of examples of CP 0 -semigroups that strongly commute with one another. By applying the theory, we conclude that every pair of quantized convolution semigroups can be dilated to a pair of commuting type I E 0 -semigroups.
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2.
Let θ and φ be CP maps on B(H). We define B(H) ⊗ φ B(H) ⊗ θ H to be the Hilbert space given by the Hausdorff completion of the algebraic tensor product with the inner product
Definition 2.1. Let θ and φ be CP maps on B(H). We say that they commute strongly if there is a unitary u :
3.
We recall the definition of quantized convolution semigroups from [1] . Let {W z : z ∈ C} denote the system of Weyl unitaries on L 2 (R). That is,
where
The Weyl unitaries span a strong operator dense subspace of B(L 2 (R)), and they satisfy the following relations:
and therefore also
(ℑ(z) denotes the imaginary part of a complex number z).
Every infinitely divisible Borel probability measure µ on C gives rise to a unique one-parameter family {µ t } t≥0 of Borel probability measures on C, satisfying µ 0 = δ 0 , µ s * µ t = µ s+t , and µ 1 = µ. Definition 3.2. Given an infinitely divisible Borel probability measure on C, the quantized convolution semigroup associated with µ is the CP 0 -semigroup {φ
4. For every a, b ∈ B(H) and h ∈ H, we define
Proof. Denote G = span{f a,b,h : a, b ∈ B(H), h ∈ H}. In [1, Lemma 5.1] it is shown that the set of functions {w → bW *
The proof will be completed by showing that F = 0. For every g, h ∈ H,
By two repeated applications of Lemma 3.1, we find that F = 0. 
and
Proof.
thus, V φ,θ extends to an isometry. By Lemma 4.2, V φ,θ is surjective. The other stated properties of V φ,θ are obvious.
Lemma 4.4. There exists a unitary
Proof. For every continuous and bounded function
We define U by
It is easy to see that {a ⊗ φ W y ⊗ θ h : a ∈ B(H), y ∈ C, h ∈ H} is total in B(H) ⊗ φ B(H) ⊗ θ H, thus {f a,Wy,h : a ∈ B(H), y ∈ C, h ∈ H} is total in L 2 (µ × ν) ⊗ H. If we show that the mapping given by (2) preserves inner products, then it can be extended to the required unitary. Let a, b ∈ B(H), x, y ∈ C, g, h ∈ H and let G, F be bounded continuous functions on C 2 . Then, using (1) together with W *
Completion of the proof of Proposition 4.1. The unitary u :
5.
Combining [1, Corollary 8.7] with the main results of [2, 3] , we obtain:
Corollary 5.1. Let µ and ν be two infinitely divisible Borel probability measures on C. Assume that {φ µ t } t≥0 has index m and that {φ ν t } t≥0 has index n. Then there exists a Hilbert space K ⊃ H := L 2 (R), a type I m E 0 -semigroup α and a type I n E 0 -semigroup β acting on B(K), such that for all s, t ≥ 0 and all T ∈ B(K), α s (β t (T )) = β t (α s (T )) and φ µ s (φ ν t (P H T P H )) = P H α s (β t (T ))P H .
